Strings and Branes Madrid lectures, March 12-16, 2001

Exercise I : Spinors in Arbitrary Dimensions

(1) Consider A ≡ Γ_1 · · · Γ_t. Show that A^{−1} = (−)^tΓ_t · · · Γ_1 and A^†A = 1 . (1)

(2) We define F̃_{a1...an} = (i)^{D/2+t} 1 n! ε_{a1...aD} F^{aD ...an+1} , D = 2n. (2) Show that ~F̃_{a1...an} = F_{a1...an} and F̃ 2 = (−)D/2F 2 . (3)

(3) Show that ( CΓ^{(n)} )_T = −ϵ(−)^{n(n−1)/2}(−η)^nCΓ^{(n)} . (4)

(4) Show that in D=8 dimensions we can only have (ϵ, η) = (−1, +1) or (ϵ, η) = (−1, −1) (5)

(5) Show that

B^∗B = −ϵη^t(−)^{t(t+1)/2} . (6)